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Relations in s/

» s¢ = Category of Sup-lattices.

- Ens 5 st, X — (X = P(X), f — f free
Sup-lattice functor.

> Rel = image of ¢ ({X £ Y corresponds to
X x Y5 {01}
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Hopf algebras in s/

» sl is a tensor category with ® and | = 2.

» Algsy := commutative algebras in s/ =
{(5,S®S5 —+ 5,2 5)}.

» Hopf := group objects in Alg., =
{(AALA—- AR AA—=2A— A}
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Preliminaries

Localic Groups

» Loc .= {(5,A, 1)} .. Loc C Algy.
» Gr-Loc := group objects in Loc® C Alg,;.
» Therefore: Gr-Loc C Hopf.
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Preliminaries

Their representations

» G localic group ~» ¢ := sets with an action of

G.

» G Hopf algebra ~» Cmdy(G) := G-comodules in
st of the form (X.

» [Theorem 1:

G localic group = Rel(3°) = Cmdy(G).
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Galois context

Hypotheses

» & locally conected topos with a point F.
» F : & — Ens can be though of as:

» F:C — &ns, C = small site of connected
objects.
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Galois context

Localic Galois Theory

C o G = Aut(F) localic group.
|F
Ens
Lifting 5G<Lg
N
Ens

Theorem G : £ atomic if and only if F equivalence.
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Tannakian context

V-Tannaka theory

X > H = End"(T) Hopf algebra.
|7
Vo
Lifting — T Cmdy(H)
lT/
Vo

known: Vy = Vec.+ hypotheses = T equivalence.

It is an open problem if T is an equivalence in general.
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Tannakian context associated to Galois
Vo= Rel Csl; X =Rel(€); T = Rel(F)

B¢ —~Rel(8%) L Cmdy(G) 22 Cmdy(H)

\ ‘W( ) V

E Rel(E)
I b

Ens

G = Aut(F); H= End"(T)

Theorem2: G =H
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In the Tannakian context associated to the Galois
context (that is a locally connected topos £ with a
point F), we have

Rel(E) — L Cmdy(H)

T

Rel

o= . . Teo . .
Therefore T is an equivalence 209 ¢ is atomic.
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Thank you!

Martin Szyld DM, FCEyN, UBA - CONICET

A Tannakian context for Galois




	Preliminaries
	Galois context
	Tannakian context
	Conclussions
	Appendix

