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Lecture 2 - Outline:

1. Deformation quantization (lecture 1 reminder)
2. Morita equivalence reminder

3. Morita equivalence of star products
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M smooth manifold, C*°(M) algebra of complex-valued functions

Star product: associative product x on C*°(M)][[A]],
frg=Ffg+> NCl(f.9g)
r=1

where C.,. : C*(M) x C*°(M) — C*(M) bidifferential

(Bayen, Flato, Fronsdal, Lichnerowicz, Sternheimer, '1978)

Cl(fv g) o 01(97 f)
Equivalence: T(fxg)=T(f) ¥ T(g), where T = Id+ >~ kAT,

Poisson bracket: {f, g} = %[ ]

Moduli of star products: Def(M) = {x}/ ~
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Problem: When are two star products Morita equivalent ?
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f.g.p. modules over (C*(M)|[A]],*)?
There is a canonical action (B., '02)
P : Pic(M) x Def(M) — Def(M), (L,*)+— Pp(x)

Theorem

Star products x and +" are Morita equivalent iff [x], [¥] lie in the
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works also purely algebraically...
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ax(m,z) o FPois(M) e, Def(M) o Pie(M) = HX(M,Z)

Description of ME star products via characteristic classes?

Poisson-geometric counterpart of algebraic ME of quantum algebras?
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